Appendices for
“The Glass Ceiling and The Paper Floor:

Gender Differences Among Top Earners, 1981-2012”"

A Details of Decompositions

In this appendix, we provide details of the methodology underlying the decompositions
presented in Table 1, Table 3, Table 7 and Table 8.

We start by establishing some notation. Let G;; be the gender of individual ¢ who is included
in our sample in year ¢, with the convention that G; = 1 for a female and G; = 0 for a
male. Let p denote a percentile range (e.g. top 0.1 percent, second 0.9 percent or bottom
99 percent) and let D, be an indicator variable that takes the value 1 if individual 7 is in
the percentile range p of the earnings distribution in year ¢. Let o} be the fraction of top
earners that are female.

of = E[GID"=1] (1)

Let F; denote a moment of a time ¢t distribution and let P, denote a probability based on
the time t distribution.

A.1 Decomposition for changing gender composition of the labor
force (Table 1)

The goal is to measure how much of the observed change in o7 is due to a changes in the
share of females in the labor force E; [G]. Using Bayes’ rule we can decompose o} as

P,[DP =1|G =1]| P, |G = 1]
P, [Dr = 1]

o P [DP =1] = E[D'|G = 1] E[G] (3)

A(ofP,[DP =1]) = E;[D?|G =1](AE[G]) + (AE, [D?|G = 1]) B4, [G] (4)
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The term on the LHS of (4) is the change in the fraction of the workforce that are female
and in percentile group p. The first term on the RHS of (4) is the component of this change
that is due to changes in the share of females in the labor force. The second term on the
RHS is the component that is due to changes in the fraction of females that are in percentile
group p. We implement this decomposition for each pair of consecutive years using sample
analogues of the moments in (4) and then summing the components over all years to get
the total decomposition.

In principal P, [DP = 1] is constant for all ¢, since it is simply the fraction of the population
in percentile group p. However, since we take different size random samples for the top
percentile groups compared with the bottom 99 percent, in practice there are small year-
to-year fluctuations in our sample estimates of this moment. If P, [DP = 1] were constant
then the fraction of Ac? that is due to changes in the gender composition of the labor force
would be given by

E,[D?P|G = 1] AE, [G] 5)

P,[Dr = 1] Ac? (

With our decomposition the fraction is given by

Pt [Dp = 1] AO‘? + O-f_lAPt [Dp = 1]

(6)

Since the term o} AP, [DP = 1] is very small relative to P,[DP = 1] Ac?, this sampling
variation has a negligible effect on the results of the decomposition.

A.2 Decomposition for changing for age and industry composi-
tion (Table 7, Table 8)

The goal is to measure how much of the observed change in o7 is due to a changes in the
distribution of an observable characteristic X;;. We consider only characteristics that which
take a discrete set of values such as age and industry. Analogously to the decomposition



above we can write

O'fpt [_Dp: 1] Et [DP|G: ]_} Et [G: ]_]

= ) E[D'G=1X =2 R[X =z|G = 1]E[G]
_ iEt [DP|G =1, X = 2] E,[G|X = 2[|P,[X = 1] (7)
A(o?P [D? =1]) = Zx:Et [DP|G = 1,X = 2] AE, [G|X = 2] P, [X = 1]
:ZAEt [DP|G =1,X = 2] B, [G|X = 2] P, [X = 2]

+Y B [DPIG=1,X =2] By [GIX = 2] AR [X = 2] (8)

The term on the LHS of (8) is the change in the fraction of the workforce that are female
and in percentile group p. The first term on the RHS is the component of this change
that is due to changes in the gender composition of different categories (i.e. industries or
age groups).The second term on the RHS is the component that is due to changes in the
fraction of females in each category that are in percentile group p. The third term on the
RHS is the component that is due to changes in the fraction of the overall labor force in
each category of X.

A.3 Decomposition for changes in mobility (Table 3)

The goal is to measure how much of the observed change in o is due to changes in the
transition probabilities in and out of the percentile group p. Let D be an indicator variable
that takes the value 1 if an individual was in percentile group p in year ¢t 4+ 1. Since gender
is constant over time, Gy = G;_, we can decompose o} using the relationship that

o’P D’ =1] = E,[DP|G=1]E,[G=1]
= Y EL[D}|G=1,D=1E_,[D|G=1]E_[G=1]
= Y E[D|G=1,D"=1]E_ [G|D? = 1] E_, [D’] (9)

Then taking first differences yields

A(c?P[DP =1)) = Y E,_[D}|G=1,D"=1]AE,[G|D? = 1] E,_; D]
q
+Y AE,_y [DY|G =1,D% =1] E,, [G|D* = 1] E,_, DY)
q
+Y B 5 [DY|G =1,D! = 1] E;_» [G|D" = 1] AE,_; [D] (10)
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The term on the LHS of (10) is the change in the fraction of the workforce that are female
and in percentile group p. The first term on the RHS is the component of the change that is
due to changes in the female share of top percentiles in the previous period at the prevailing
levels of persistence. The second term on the RHS is the component of this change that is
due to changes in the transition probabilities into the top p-the percentile. The third term
is due to sampling variation and is a negligible component of the overall change; we present
the decomposition for the change net of the effects of this term.

The idea behind this decomposition is that any one-time change in transition probabilities
will lead to continued changes in the fraction of females in the top percentiles in subsequent
years, even if there are no further changes in the transition probabilities. Hence any observed
change is partly due to the effects of changes in the transition probabilities in the past as
the system moves towards its new stationary distribution, and is partly due to new changes
in the transition probabilities. The first term captures the former effect, the second term
captures the latter effect.



B Comparison with alternative definitions of income

Figure B.1A and Figure B.1B plot the trends for the 99.9th percentile and 99th percentile,
under various definitions of income, using our data and the data from aggregate tax records
from Saez (2012). Note that in our data, the unit of observation is an individual, but in
Saez (2012) the unit of observation is a tax unit, defined as married couples plus dependents
(if any) or single adults plus dependents (if any). Figure B.2A and Figure B.2B show the
trends in the number of individuals in our sample, the number of tax units, and the number
filed tax returns. The difference in these growth rates, explains why the thresholds differ
even when just focusing on wage and salary income, particularly in recent years. For all
definitions of income, we see a significant tapering off in the growth of the top-earning
thresholds during the last decade.

Figure B.1: Top earning thresholds with alternative data sources
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The following figures reconcile our findings with those in Saez (2012) that income shares
for the top 1 percent and 0.1 percent have continued to trend upwards during the last
decade. Figure B.3A and Figure B.3B show that below the 99.99th percentile, average
income growth in the top percentiles, with or without capital gains, has remained roughly
constant since 2000. Figure B.3C shows that average income for the top 0.01 percent has
continued to rise during this period. Figure B.3D shows that average income for the bottom
99 percent has declined substantially more in these data than for our sample of wage and
salary earners. The difference in the recent trends in top earning shares are thus due to (i)
increases in capital income above the 99.99th percentile; and (ii) a larger decline in income
for the bottom 99 percent that is due to the difference in the unit of observation: individuals
versus tax units.



Figure B.2: Sample sizes with

(A) Sample sizes

different units of analysis

(B) Normalized to 1 in 1981
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Figure B.3: Average income in top percentiles

A) Average income, excluding capital gains

(B) Average income, including capital gains
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C Lifetime earnings analysis for 30-59 year age range

This appendix reports analogous tables and figures to those in Section 6, but where the 30
year age range is taken to be the ages 30 to 59, rather than 25 to 54.

Table C.1: Lifetime earnings top earnings statistics

Top 0.1% Second 0.9% Bottom 99%

30-year earnings thresholds:

~99.9th percentile ($000s) 20,704

- 99th percentile ($’000s) 7,043

Mean 30-year earnings ($’000s) 38,092 10,545 1,276
Median 30-year earnings ($°000s) 29,467 9,443 1,043
Mean no. working years 27.9 28.3 25.6

Mean fraction of working years in age-specific:

- top 0.1 percent 35% 5% 0%
- next 0.9pct 40% 42% 0%
- bottom 99 percent 25% 53% 100%

Table C.2: Gender differences among lifetime top earners

Top 0.1% Second 0.9% Bottom 99%

Panel A: Overall top earners

Female worker share 9% 11% 49%
Female earnings share 9% 10% 38%
Log mean gender gap —0.01 0.06 0.46
Log p50 gender gap —0.05 0.05 0.48
No. working years gender gap 0.40 0.20 0.90
Panel B: Gender-specific top earners

Male threshold ($°000) 27,512 9,320

Female threshold ($’000) 9,487 3,828

Log mean gender gap 1.18 0.97 0.52
Log p50 gender gap 1.16 0.96 0.49
No. working years gender gap -0.19 —0.01 0.94




Figure C.1: Age profiles by 30-year top earning groups

(A) Mean earnings by age (B) Age-specific top-earning thresholds
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Figure C.2: Gender gap among 30-year top earners by age

(A) Overall lifetime top earners (B) Gender-specific lifetime top earners
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D Trends in the gender composition of the bottom 99
percent

Figure D.1 plots the time trend for the female population share and the male-female pop-
ulation ratio, for the bottom 99 percent of the earnings distribution.

Figure D.1: Gender composition of overall top earners, bottom 99%

(A) Female population share (B) Male-female population ratio
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E Mobility within gender-specific distributions

This appendix reports figures that are analogous to those in Section 5, but in which indi-
viduals are defined as top earners based on their position in their gender-specific earnings
distribution, rather than the overall earnings distribution.

Figure E.1: Transition probabilities in and out of top percentiles of earnings distribution,
by gender

(A) One-year transition probabilities for annual(B) One-year transition probabilities for annual
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F Industry analysis further figures

This appendix contains figures that are analogous to those in Secion 7, but which are

constructed using annual earnings rather than five-year average earnings.

Figure F.1: Top earners by industry and gender, annual earnings
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G Age analysis further figures

This appendix contains figures that are analogous to those in Section 8, but which are
constructed using annual earnings rather than five-year average earnings, and additional
figures that are references in Section 8.

Figure G.1: Age distribution of workers, annual earnings

(A) Age distribution of individuals in top 0.1 per-(B) Age distribution of individuals in second 0.9
cent percent
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Figure G.2: Age distribution of workers by gender, overall distribution, five-year average
earnings
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Figure G.3: Top-earning thresholds within age groups, five-year average earnings

(A) Thresholds for top 0.1 percent, by age group
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H Including self~-employment income

This appendix contains deleted figures from the main text, constructed using a definition
of income that includes both wage and salary earnings, and earnings from self-employment

income.
Figure H.1: Gender composition of top earners

(A) Share of females among top earners (B) Ratio of males to females among to earners
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Figure H.2: Male top earners versus female top earners

(A) Ratio of male to female top earning thresholdsmales and top 0.1 percent of females

(B) Average earnings among top 0.1 percent of
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Figure H.3: Transition probabilities in and out of top percentiles of earnings distribution.

(A) l-year transition prob. for annual earnings,(B) l-year transition prob. for annual earnings,
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Notes: These figures show the probability that a top earner based on average earnings over the
period t — 2,...,t 4+ 2 is a top earner based on average earnings over the period t + 3,...,t + 7.
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Figure H.4: Transition probabilities in and out of top percentiles of earnings distribution,
by gender

(A) 1 year transition probabilities for annual earn-(B) 1 year transition probabilities for annual earn-

ings, top 0.1 percent ings, second 0.9 percent
© 4 o 4
~ 4
0
1 \_\/‘“/v
< o ] PRIl I
o =] JRPNN
§Q7 6:6*'7 - -.—-""'s_ ~\‘,‘
N 4 1 '-"~-.,\\/
. - o 2
- S == A X > >
‘ TN =1 o
o e SEzEE=ERESzzzEmess Yeew
o+ o4
LR S e e s st s s e RN S e e e s s s e e S
1980 1985 1990 1995 2000 2005 2010 1980 1985 1990 1995 2000 2005 2010
year year
m— Stay in top 0.1%, males s Stay in top 0.1%, females ====Rise to top 0.1%, males = === Rise to top 0.1%, females
====Drop to second 0.9%, males ====Drop to second 0.9%, females m— Stay in second 0.9%, males === Stay in second 0.9%, females
+ Drop to bottom 99%, males === Drop to bottom 99%, females| - Drop to bottom 99%, males === Drop to bottom 99%, females|
Leave sample, males Leave sample, females wwnw Leave sample, males Leave sample, females

(C) 5 year transition probabilities for 5-year earn-(D) 5 year transition probabilities for 5-year earn-
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Notes: These figures show the probability that a top earner based on average earnings over the
period t — 2,...,t + 2 is a top earner based on average earnings over the period ¢t + 3,....,t + 7,
separately for male top earners (blue) and female top earners (pink).
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Industry composition of top earners, 5-year average earnings

Figure H.5

(B) Population shares, second 0.9 percent

(A) Population shares, top 0.1 percent
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Figure H.6: Top earners by industry and gender, 5-year average earnings

(A) Share of females by industry within top 0.1

percent

(B) Share of females by industry within top 0.9pct
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